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Introduction

The Synchronous Dataflow (SDF) Model-of-Computation (MoC) [3] has become a popular model for
modelling streaming applications. The SDF MoC fits well with the streaming and pipelining characteristics of these applications, it can capture many mapping decisions and resource constraints, and it
allows design-time analysis of timing (throughput, latency) and resource usage. When designing a system
with a predictable timing behaviour, the SDF model of an application assumes worst-case rates for the
edges and worst-case execution times for the actors. In the situation that an application contains a lot of
dynamism, the use of worst-case values could lead to over-dimensioning of the system for many run-time
situations. Therefore, the concept of system scenarios has been introduced in [1, 2]. However, these
scenarios cannot be modelled into an SDF graph. This report introduces an extension to the SDF MoC
that can be used to model an application together with its scenarios. This new MoC is called the Finite
State Machine-based Scenario-Aware Data-Flow (FSM-based SADF) MoC. The FSM-based SADF MoC
is a restricted form of the general SADF MoC that has been introduced in [4, 5]. These restrictions make
analysis of the timing behaviour of a model specified in the FSM-based SADF MoC faster than a model
specified in the general SADF MoC. However, analysis result may be less tight due to the abstractions
made in the FSM-based SADF MoC. The next section informally introduces the FSM-based SADF MoC
by explaining how an H.263 decoder can be modelled. Sec. 3 discusses the differences between the FSMbased SADF MoC and the general SADF MoC. Sec. 4 gives some basic definitions which are used in Sec.
5 tp define the FSM-based SADF MoC. Finally, Sec. 6 gives the operational semantics of this MoC.
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Example FSM-based SADF graph

The example of an H.263 decoder that is modelled with an FSM-based SADF graph is shown in Fig. 1.
The nodes represent the processes of an application. Two types of processes are distinguished. Kernels
model the data processing part of a streaming application, whereas the detector represents the part that
dynamically determines scenarios and controls the behaviour of processes. The Frame Detector (FD)
represents for example that segment of the actual Variable Length Decoder (VLD) code that is responsible
for determining the frame type and the number of macro blocks to decode. All other processes are kernels.
In the graph shown in Fig. 1, it is assumed that two different types of frame exists (I or P type). When
a frame of type I is found, a total of 99 macro blocks must always be processed. A frame of type P may
require the processing of (up to) 0, 30, 40, 50, 60, 70, 80, or 99 macro blocks. So, in total 9 different
scenarios (combinations of frame type and number of macro blocks to decode) exist and must be modelled
in the graph. These 9 scenarios capture the varying resource requirements of the application.
The edges in an FSM-based SADF graph, called channels, denote possible dependencies between
processes. Two types of channels are distinguished. Control channels (dashed edges) originate from the
detector and go to a kernel. Data channels (solid edges) originate from a kernel and go to another kernel
or to the detector. Ordered streams of data items (called tokens) are sent over these channels. Similar
to the SDF MoC, the FSM-based SADF MoC abstracts from the value of tokens that are communicated
via a data channel. However, control channels communicate tokens that are valued. The value of a
token on a control channel indicates the scenario in which the receiving kernel will operate. This token
value is determined externally by the detector. In the example application, the scenario is determined
by the frame type and the number of macro blocks. In reality, this scenario is determined based on the
content of the video stream. However, the FSM-based SADF model abstract from such content. It uses
a (non-deterministic) FSM which determines the possible scenario occurrences. The states in the FSM
∗ This document is a MNEMEE internal report. The work presented herein was supported in part by the EC through FP7 IST
project 216224, MNEMEE.
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Figure 1: FSM-based SADF graph of an H.263 decoder.
determine the scenario in which the kernels will operate. The transitions reflect possible next scenarios
given the current scenario that the detector is in. Fig. 1 shows part of the FSM for the H.263 decoder.
The first scenario that is executed is the scenario in which a frame of type I is decoded. This frame
(scenario) may be followed by another I frame, or a scenario in which one or more P frames with zero
macro blocks are executed followed by an I frame, or a scenario in which two P frames with 99 macro
blocks each are executed followed by an I frame.
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Comparison to general SADF model

There are a number of differences between the FSM-based SADF model that is defined in this document
and the general SADF model [4, 5]. In contrast to the general SADF model, the FSM-based SADF model
a graph to contain exactly one detector. This detector is not allowed to have control ports. This implies
that hierarchical control is not supported and only a set of scenarios can be used (i.e. sub-scenarios
are not supported). The FSM-based SADF model also requires each kernel to have exactly one control
input. The general SADF model allows kernels to have an arbitrary number of control ports (including
zero). Furthermore, the FSM-based SADF model uses a fixed execution per scenario for the processes,
whereas the general SADF model allows an execution time distribution per scenario. The FSM-based
SADF model restricts the automaton associated with the detector to a (non-deterministic) FSM. The
aforementioned differences between the FSM-based SADF model are all additional constraints that are
imposed on the general SADF model. The FSM-based SADF model also removes a constraint from the
general SADF model by supporting auto-concurrency for kernels.
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Preliminary Definitions

Let N denote the positive natural numbers, N0 the natural numbers including 0, and N∞
0 the natural
numbers including 0 and infinity (∞).
To simplify the mathematical notation, we consider processes (kernels and detectors) to be connected
2

through ports. Three types of ports are distinghuised: input ports, output ports and control ports. The
finite sets of input, output and control ports of a process p are denoted by Ip , Op and Cp respectively. All
port sets are pairwise disjoint and we define I, O and C to be the union of all input, output and control
port sets respectively.
A channel reflects an unbounded FIFO buffer that uniquely connects an output port to either an
input port (data channel ) or a control port (control channel ). A channel
Pthat connects ports of the same
process p is also called a self-loop channel of p. For
any
channel
b,
b indicates the finite set of all
P∗
possible
values
of
the
tokens
that
b
can
transfer.
denotes
the
set
of
all finite sequences of tokens
b
P
P∗
in b . For a sequence σ = σ1 . . . σn in b , the P
ith token in σ is indicated with σi , whereas |σ| is the
∗
number n of tokens in σ. For sequences σ, τ, v ∈ b , we use σ + τ to represent the concatentation of σ
and τ . In case v = σ + τ , we also write v − σ to denote τ .
The non-empty finite set of scenarios in which a process p can operate is denoted by Sp . The function
Ep : Sp → N0 specifies the execution time of a process p in each of the scenarios. The function Rk : (Ik ∪
Ok ∪ Ck ) × Sk → N0 specifies, per scenario, the rates of a kernel k. The function Rd : (Id ∪ Od ) × Sd → N0
gives the rates of a detector d. The function Rd does not depend on a set of control ports Cd , since
detectors have no control ports (i.e. Cd = ∅). The sequences of tokens that detector d produces when
operatingP
in scenario s onto an output port o ∈ Od connected to a control channel b is denoted by td (o, s)
∗
and is in b .
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Formal Definition of the FSM-based SADF MoC

To define the FSM-based SADF MoC, we first introduce the functions φ and ψ that capture the status
of data and control channels.
Definition 1 (Channel Status) Let B denote the set of all channels of an FSM-based SADF graph,
where Bc ⊆ B is the set of control channels. A channel status is a function φ : B\Bc → N0 that returns
the number of tokens stored in the buffer of each channel.
Notice that a channel status abstracts from the values of tokens.
Definition 2 (Control Status) Let Bc denoteSthe set
P∗of all control channels of an FSM-based SADF
graph. A control status is a function ψ : Bc → c∈Bc c that returns the sequence of tokens stored in
each control channel.
Using the channel and control status definitions, an FSM-based SADF graph is defined as follows.
Definition 3 (FSM-based SADF graph) An FSM-based SADF graph is described by a tuple G =
(K, D, B, φ∗ , ψ ∗ ), where
1. K and D are pairwise disjoint finite sets of kernels and detectors respectively such that K ∪ D = ∅;
2. there is one detector, such that |D| = 1;
3. each kernel k ∈ K denotes a tuple (Ik , Ok , Ck , Sk , Rk , Ek ) with
• one control port in the set Ck , such that |Ck | = 1,
Q
P
• Sk = c∈Ck b with b the control channel connected to c,
• for each scenario s ∈ Sk , Rk (c, s) = 1 for the control port c ∈ Ck ;
4. a detector d ∈ D is a tuple (Id , Od , Rd , Ed , td , Sd , Sd , Td , ιd , Φd ) with
• all output ports o ∈ Od connected to a control channel,
• for each scenario s ∈ Sd , Rd (o, s) > 0 and td (o, s) ∈ {v ∈
ports o ∈ Od that connect d to a control channel b,

P∗
b

| |v| = Rd (o, s)} for all output

• the tuple (Sd , Td , ιd , Φd ) denotes a FSM, where Sd is a non-empty set of states, the function
Td : Sd → Sd defines the state transitions, ιd ∈ S denotes the initial state and the function
Φd : Sd → Sd associates a scenario with every state in the FSM;
5. the set of input (output) ports IG (OG ) of G, is defined as the union of all input (output) ports of
the kernels k ∈ K and the detector d ∈ D in G, and the set of control ports CG of G, is defined as
the union of all control ports of the kernels k ∈ K in G;
3

6. B ⊆ OG × (IG ∪ CG ) is the finite set of channels with Bc = B\(OG × IG ) the set of control channels.
A channel includes an unbounded FIFO buffer and uniquely connects an output port to either an
input port or a control port. Furthermore, each port in IG ∪ OG ∪ CG is uniquely connected to one
channel;
7. φ∗ : B\Bc → N0 is the initial channel status;
S
P∗
8. ψ ∗ : Bc → c∈Bc c indicates the initial control status.
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Operational Semantics

The operational semantics of an FSM-based SADF graph is defined as a labelled transition system. A
labelled transition system describes behaviour in terms of configurations (states) and transitions, where
timeless actions are explicitly distinghuised from advancing time. We start with defining a configuration
in our labelled transition system. For this purpose, we introduce the kernel and dectector status.
Definition 4 (Kernel Status) A kernel status for an FSM-based SADF graph (K, D, B, φ∗ , ψ ∗ ) is a
function κ that assigns to each kernel k a multiset with a pair (Sk × N0 ) for each ongoing firing of k. The
first item in the pair denotes the scenario in which this firing of k operates. The second item denotes the
remaining execution time of this firing of k.
Definition 5 (Detector Status) A detector status for and FSM-based SADF graph (K, D, B, φ∗ , ψ ∗ )
is a function δ : D → S × (N0 ∪ {−}) that associates with detector d ∈ D the state of the FSM, and the
remaining execution time of the ongoing firing of d or − in case there is no ongoing firing of d.
Definition 6 (Configuration) A configuration of an FSM-based SADF graph is a tuple (φ, ψ, κ, δ)
denoting a channel status, control status, kernel status and detector status respecively. An FSM-based
SADF graph (K, D, B, φ∗ , ψ ∗ ) has initial configuration C ∗ = (φ∗ , ψ ∗ , κ∗ , δ ∗ ), where the initial kernel status
κ∗ is defined by κ∗ (k) = {} for all k ∈ K (with {} denoting the empty multiset) and the initial detector
status δ ∗ is defined by δ ∗ (d) = (ιd , −) for all d ∈ D.
The dynamic behavior of an FSM-based SADF graph is described by transitions. Five different types
are distinguished: kernel start action, kernel end action, detector start action, detector end action, and
time progress.
start(k)

Definition 7 (Kernel Start Action Transition) A kernel start action transition (φ, ψ, κ, δ) →
(φ0 , ψ 0 , κ0 , δ 0 ) denotes the start of a firing of kernel k. It is enabled when |ψ(bc )| ≥ 1 for the channel bc
connected to the control port c ∈ Ck and φ(bi ) ≥ Rd (ψ(bc )1 , i) for each channel bi connected to an input
port i ∈ Ik . the scenario s in which this firing of k operates is ψ(bc )1 , with bc the channel connected to the
control port c ∈ Ck . The resulting configuration (φ0 , ψ 0 , κ0 , δ 0 ) is given by: φ0 = φ[bi → φ(bi ) − Rk (s, i)] for
each channel bi connected to an input port i ∈ Ik , ψ 0 = ψ[bc → ψ(bc ) − ψ(bc )1 ] for channel bc connected
to the control port c ∈ Ck , κ0 = κ[k → κ(k) ] {(s, Ek (s))}], and δ 0 = δ (where ] denotes multiset union).
Note that token consumptions in the FSM-based SADF model occur at the start action transition.
The operational semantics of the general SADF model consumes these tokens during the end action
transition.
end(k)

Definition 8 (Kernel End Action Transition) A kernel end action transition (φ, ψ, κ, δ) →
(φ0 , ψ 0 , κ0 , δ 0 ) denotes the end of a firing of kernel k. It is enabled when there exists a (s, 0) ∈ κ(k) for
some scenario s ∈ Sk . The resulting configuration (φ0 , ψ 0 , κ0 , δ 0 ) is given by: φ0 = φ[bo → φ(bo ) + Rk (s, o)]
for each channel bo connected to an output port o ∈ Ok , ψ 0 = ψ, κ0 = κ[k → κ(k)\{(s, 0)}], and δ 0 = δ.
Definition 9 (Detector Start Action Transition) A detector start action transition (φ, ψ, κ, δ)

start(d)

→ (φ0 , ψ 0 , κ0 , δ 0 ) denotes the start of a firing of detector d. It is enabled when it holds that δ(d) = (s, −)
for some state s ∈ Sd and φ(bi ) ≥ Rd (Φd (s), i) for each channel bi connected to an input port i ∈ Id .
The resulting configuration (φ0 , ψ 0 , κ0 , δ 0 ) is given by: φ0 = φ[bi → φ(bi ) − Rd (Φd (s), i)] for each channel
bi connected to an input port i ∈ Id , ψ 0 = ψ, κ0 = κ, and δ 0 = δ[d → (s, Ed (Φd (s)))].
Note that in contrast to the general SADF model, the number of tokens consumed by a detector start
action transition in the FSM-based SADF model depends on the current state of the FSM and not on
the next state.
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Definition 10 (Detector End Action Transition) A detector end action transition (φ, ψ, κ, δ)

end(d)

→ (φ0 , ψ 0 , κ0 , δ 0 ) denotes the end of a firing of detector d. It is enabled when it holds that δ(d) = (s, 0)
for some state s ∈ Sd . The resulting configurations (φ0 , ψ 0 , κ0 , δ 0 ) are given by: φ0 = φ, ψ 0 = ψ[bc →
ψ(bc ) + td (Φd (s))] for each channel bo connected to an output port o ∈ Od , κ0 = κ, and δ 0 = δ[d →
(Td (s), −)].
time(t)

Definition 11 (Time Transition) A time transition (φ, ψ, κ, δ) → (φ0 , ψ 0 , κ0 , δ 0 ) denotes progress
in time with t units. It is enabled if no kernel end transition and no detector end transition are enabled.
Time transitions can occur for any submultiset of executing processes and nondeterministically results
in φ0 = φ, ψ 0 = ψ, κ0 = {(p, M ) | p ∈ K} with M equal to κ(k) with some arbitrary submultiset of its
members decremented by t, and δ 0 = {(d, M ) | d ∈ D} with M equal to δ(d) with some arbitrary subset
of its members decremented by t.
A time transition decreases the remaining execution time of an arbitrary submultiset of ongoing
kernel and detector firings with t time-unit. The ability to select different submultisets in different time
transitions makes it possible to take resource constraints (e.g. static-order schedules or TDMA schedules)
into account.
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